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n k
J'cv = Jev + Zli -{Zmij + mijx —1).
i=1 j=1

The solution which minimizes J'cv (subject to no other constraints) is
also the solution which minimizes Jcv subject to the n constraints above
(see Hildebrand 1965, page 120ff, for further details). To minimize J'cv, set its
partial derivatives with respecttothe n x p cij, the n x k mj4, and the
n mix tozero:
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These equations are solved for the case where dj 4 is the Euclidean
metric, viz..

dij = [i(xiv - cjp 211/2,
v=1

Other metrics can be handled by transformation of the xji to a
Euclidean space prior to application of the partition algorithm outlined below.

Note that:
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dsi

The left-hand side of equation (1) is
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Setting this last expression to zero and solving for ciy ,the n x p
set of equations:

n
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s=1
cif = o (4)
Y {amsi® - B/o(i- @) mgx® agi—(B+2))
s=1
where i =1, ..., nand j =1, ..., p result

The left-hand side of equation (2) is
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o ¢ dij2 mi®1 + Ag

[}

Setting this to zero and solving for mj 4§ :

i / &)1/ (0-1)
e = {__l__ﬁ} (5)

ad?; 5y
where i =1, ..., nand §j =1, ..., p.

The left-hand side of equation (3) is

3 n k n k
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Setting this to zero and solving for mj * :
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(1-0) - X di¢~B
t=1

where i = 1, . i, D
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